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Corrigendum 
Volume 97, Number 1 (1983), in the article “A Nonlinear Evolution 
System with Two Subdifferentials and Monotone Differential Games,” by 
E. N. Barron and R. Jensen, pp. 65-80: 
THE BERKOVITZ EXAMPLE IN MONOTONE GAMES 
The following example should have been included in the above mentioned 
paper. Here we show that the Berkovitz counterexample for measureable 
games does have monotone value and we will exhibit this value and optimal 
strategies for the players. 
Berkovitz [2] exhibited the following differential game without value: 
dx/dt = (y -z)’ on to < t < T, 
x(to> = x0 x0 in R, 
P(Y, z) = 1,: x(s) ds. 
Here y is the maximizer of P, z is the minimizer, and y and z are 
measureable functions with values a.e. in [0, 11. 
The lower value of this game VP (to, x0) is identically xo(T - to) since the 
minimizer plays z = y on [to, T]. On the other hand, the upper value 
V+(t,, x0) = (T’ - ti)/8 + (T - t,)(x, - t,/4) since the optimal strategies 
are z(t) = 4 and y(t) = 0 or 1. The Isaacs’ equation for V- is 
tYV-/at, +x0 = 0 and that for I/+ is i3V+/tYt, + ~~V+/C?X, +x0 = 0 with 
V*(T, x0) = 0. Obviously I’+ (to, x0) > V-(to, x0) for all to, x0 and hence, 
the game does not have value when y and z can be any measureable 
functions in [0, l]. This example is standard [3,4]. If y and z are restricted 
to choosing monotone nondecreasing functions in [O, I] and 
y(to) = yo, z(to) = z. we will determine the value which was proven to exist 
in [l]. 
If 1 2 y, > z. > 0 then z can play the same monotone function as y. If 
y, > z. then z jumps up to y, and matches y from to to T. Then x(t) =x0 on 
[to, T] and V(to, x0, yo, zo) = x,(T - to). On the other hand if z. > y, then z 
cannot do better than playing z(t) = z. on [to, T] and y cannot do better 
than playing y(t) = y, on [to, T]. Then x(t) =x0 + (t - t,)(y, -zo)* and 
~(t,,x,,y,,z,)=x,(T--t,)+~(y,-~z,)~(T--t,)~. 
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CORRIGENDUM 299 
Summarizing, the Berkovitz game has the monotone value 
~(fO,~o,~o~Zo)=~,(~-~,) if 1 > y, > z. > 0, 
=x,(T--0) + ~(yo-Zo)*(T-to)* if O<yy, <zo< 1. 
Clearly V satisfies the system derived in [ 11: 
min( V,, max(L V, V,)) = 0 = max( V,, min(L V, V,)), 
where L V = V, + V,( y - z) + x. Note here that V has continuous partials 
but V is not C*. Also, the free boundary here is the set where y = z. 
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